In order to prove these two assertions, we shall need some notation. In what follows, £(%) will denote the algebra of all (bounded linear) operators acting on the complex, separable, infinite dimensional Hubert space %. By a "spectral function" we shall mean a function mapping an operator T in £(%) to a certain "natural" subset of its spectrum σ(Γ); more specifically, any of the following functions: σ (spectrum), o ι (left spectrum), σ r (right spectrum), σ lr (σ lr (T)= σ 7 (Γ) Π σ r (Γ)), σ e (essential spectrum, i.e., the spectrum of T + % (%) = σ e (T) U pfL [8] , [11] .
A spectral function T maps £(%) into β(C), the family of all compact subsets of C, the complex plane. As usual, we make β(C) a complete metric space by defining the (modified) Hausdorff distance d H between two elements of β(C) by:
(l)IfX, 7ee(C)\{0},then
where X= {λeC: dist[λ, X] < e}, and (2) d H (X 9 0) = l for all nonempty X in β(C). The continuity points of the spectral function r are then defined in terms of the norm topology of t{%) and the above mentioned metric structure of β(C).
In a sequence of remarkable papers, J. B. Conway and B. B. Morrel completely characterized those operators that are points of continuity for each of the functions listed above, except for σ 0 , σ B and pf_ F (see [3] , [4] , [5] ). On the other hand, it is not difficult to check, by using the results of these papers, that σ B is continuous at T if and only if σ w is continuous at T and o B (T) = σ w (T). Furthermore, by using the same kinds of arguments, it is possible to prove the following.
THEOREM 1. (i) σ 0 is continuous at A Et(%) if and only if σ(
(ii) If Σ is a nonempty subset of Z', then pf_ F is continuous at A E t(%) if and only ifσ lre (A) C p?_ In each case the sufficiency of the given condition follows from standard arguments based only on the upper semicontinuity of separate parts of the spectrum [8, Chapter 1] , [11, Chapter IV] and the stability properties of the semi-Fredholm operators (same references), so that these conditions are actually sufficient in any Banach space (not necessarily a Hubert space!). The necessity is much more difficult to check and depends on results of approximation of operators developed strictly for the Hubert space case, as the Apostol-Morrel simple models [2] (see also [1]).
It was observed in [3] that both, σ and o w , are continuous on a dense subset and discontinuous on a dense subset (this last result depending on the proof of Theorem 4 in [7] ).
This note is devoted to the proof of the following (much stronger) results: is isometrically isomorphic to % h for each h < 0, and 5 2 (Ω£) (Λ) is isometrically isomorphic to % h for each h > 0. Thus, we can directly assume that N h E t{% h ) for all Λ E Z*. Now it is easy to check (by using, for instance, the results of [8, Chapter IV] ) that equation Combining the "easy part" of the results of [3] , [4] , [5] with Theorem 1, we conclude that It follows that S + ΘM θ S_ ΘL_ -* S+ ΘAf θ SL ΦΛί-; moreover, sim S + ΘMΘS_ can be uniformly approximated by operators similar to S + ΘMΘS_ΦM r (Consider a sequence of such operators corresponding to a decreasing sequence { f η n }^=\ suc h ^a t ^ > 0, as « -> oo.) Hence, 5 + ΘMΘ.S_ is the limit of a sequence of points of continuity. Therefore, so is the operator A ε (similar to S+®M®S_). Since ε can be chosen arbitrarily small we conclude that A can be uniformly approximated by a sequence {A n }™ ={ such that all the spectral functions considered in the Introduction are simultaneously continuous at A n9 for each/? > 1.
The proof of Theorem 2 is now complete. D REMARKS, (i) The spectral radius and the essential spectral radius are also continuous at each point of the set T c described by Theorem 2 (see [3] ).
(ii) It is tempting to think that any "natural" spectral function is necessarily continuous at the points of Γ c . However, this is not true at all. and o p (R) = 0 .All the spectral functions considered in the Introduction are discontinuous at R.
Proof. Let Q be a quasinilpotent operator such that Q k is compact for no value of k > 1, and let N o be defined as in the proof of Corollary 5 with λ. = 2"-', j= 1,2.... According to [1] , Q®N 0 -*R, whence it sim readily follows that all "σ-functions" (that is, σ, σ β , σ,, σ e , etc.) are discontinuous at R because every neighborhood of R contains an operator similar to Q θ N o . Similarly, if S is a semi-Fredholm operator such that σ(5) = σ(R) and ind S = h E Z', then S 7* R, whence we conclude that ρf_ F is discontinuous at R for all possible sets Σ. D According to [7] (Theorem 4 and its proof), given A in £(%), a point λ Gσ^) Π 3σ(,4),ε>0and/? ε β(ϋC), ||A|| < 1, there exists Λ(λ, ε, R) unitarily equivalent to
and \\A -A(λ 9 ε, R)\\ < ε; furthermore, A(λ, ε, it) is similar to (μ + δR) θ ^4 r , so that if the spectral function r is discontinuous at if, then T is also discontinuous at^4(λ, ε, R).
By Lemma 7, R can be chosen so that all the spectral functions are discontinuous. The proof of Theorem 3 is now complete. D REMARKS, (i) If λ is chosen so that |λ|= max{|||: £ E σ e (A)} (= the essential spectral radius of A), then we obtain a bonus result: The set Γ^ of Theorem 3 can be chosen so that the essential spectral radius is also discontinuous at each point of Γ^.
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Can we choose Γ^ so that the spectral radius, sp(A) -max{|λ|: λ E σ(A), is also discontinuous at the points of Γ^? Definitely: NO. Indeed, if μ E σ o (A), \μ\ = sp(A) and ε > 0, then the upper semicontinuity of separate parts of the spectrum and the continuity properties of the Riesz-Dunford functional calculus (see, for example, [8, Corollary 1.6] ) imply that σ o (B) Π (λ E C: \λ -μ\< ε} =£ 0 and therefore sp(J?) > sp(A) -ε for all B close enough to A. Since the spectral radius is an upper semicontinuous function of its argument, we conclude that sp is continuous at A.
Combining this observation with the main result of [9] , we obtain the following PROPOSITION 
